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This paper develops a monetary endogenous growth model with capital and skill
heterogeneity to analyze the relationship among inflation, growth, and income inequality.
In the model inflation, growth, and inequality are jointly determined. We show that an
increase in the long-run money growth rate raises inflation and reduces growth, but its
effect on income inequality depends on the relative importance of the two types of
heterogeneity. Inequality shrinks with the rise of inflation when capital heterogeneity
dominates and enlarges when skill heterogeneity dominates. Therefore, our model
supports a negative (positive) inflation–inequality relationship and a positive (negative)
growth–inequality relationship when capital (skill) heterogeneity dominates. In any event,
inflation and growth are negatively related.
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1. INTRODUCTION

This paper develops a monetary endogenous growth model with capital and skill
heterogeneity to analyze the relationship among inflation, growth, and income in-
equality. The conventional practice in the literature is to study each pair of the three
variables separately. Our decision to incorporate all three pairs (inflation–growth,
inflation–inequality, and growth–inequality) is inspired by Garcı́a-Peñalosa and
Turnovsky (2006). They investigate the growth–inequality relationship based on
the argument that an economy’s growth rate and income distribution are both
endogenous and are subject to common influences such as structural changes
and macroeconomic policies. Recognizing that monetary policy is one important
element in the set of macroeconomic policies, one is naturally led to develop a
monetary dynamic general equilibrium model where changes in long-run mone-
tary policy drive changes in various measures of an economy’s macroeconomic
performance, including inflation, growth, and inequality. In such an environment,
the inflation–growth, inflation–inequality, and growth–inequality relationships are
interrelated.
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Our model also differs from that of Garcı́a-Peñalosa and Turnovsky in the
dimension of heterogeneity. Whereas their model features only households’ dif-
fering holdings of capital stock, we also consider differing skill endowments across
households. Incorporating this second type of heterogeneity enables us to account
for the observed positive inflation–inequality relationship. This is to be explained
momentarily.

We first provide a brief overview of the empirical evidence on the relation-
ship among inflation, growth, and income inequality. Early empirical work in-
dicates that high-inflation countries tend to grow more slowly than low-inflation
countries.1 Gylfason and Herbertsson (2001) list seventeen studies, of which all
but one find a significant decrease in the growth rate from increasing the inflation
rate from 5 to 50%. More recent studies find a “threshold” rate of inflation, above
which the effect on growth is strongly significant and negative, but below which
the effect is insignificant and positive.2 Using instrumental variables, however, the
negative inflation–growth effect has been reinstated at all positive inflation rate
levels for both developed and developing country samples [Ghosh and Phillips
(1998); Gillman et al. (2003)].

Most studies on inflation and inequality indicate a positive relationship. The
cross-country regression in Romer and Romer (1998) shows that a one-percentage-
point rise in average inflation is associated with a rise in the Gini coefficient
of 0.2 points. Al-Marhubi (1997) finds that this positive correlation is robust
to controlling for political stability, central bank independence, and openness.
Looking at a sample of 51 industrialized and developing countries from 1966 to
1990, Albanesi (2002) computes the OLS estimates of the relation between the
inflation tax and inequality and finds that the estimated slope coefficient is 0.4561
for the full sample.

The empirical evidence on the relationship between growth and income in-
equality has been inconclusive. For a negative relationship, see, for example,
Alesina and Rodrik (1994), Persson and Tabellini (1994), and Perotti (1996). For
a positive or more ambiguous relationship, see Li and Zou (1998), Barro (2000),
Forbes (2000), and Lundberg and Squire (2003), among others.

As discussed earlier, our model attempts to incorporate inflation, growth, and
income inequality in a consistently specified framework. In our model growth is
endogenously generated by a standard AK mechanism, money is introduced via
a cash-in-advance constraint on consumption purchases, and heterogeneity across
households pertaining to initial capital holdings and skill endowments translates
into income inequality. We found that along the balanced growth path wealthier
households that have higher capital shares tend to work less, whereas more skilled
households that have higher skill shares tend to work more. As a result, the relative
income share of an individual household can be written as a convex combination
of its relative capital share and relative skill share.

We show that an increase in long-run money growth increases the inflation
rate and reduces the aggregate growth rate unambiguously, but its effect on in-
come inequality depends on the relative size of the two types of heterogeneity.
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An increase in money growth reduces income inequality if capital heterogeneity
dominates, and increases income inequality if skill heterogeneity dominates. This
result highlights the importance of introducing skill heterogeneity. With capital
heterogeneity only, the model predicts a negative relationship between income
inequality and inflation, which runs counter to the empirical evidence.3 Skill
heterogeneity has the potential to reverse the inflation–inequality relationship to
be in line with the evidence.

The rest of the paper is organized as follows. Section 2 describes the model. In
Section 3 we derive the model’s balanced growth path, followed by the analysis of
the channel through which heterogeneities translate into income inequality. The
relationship among inflation, growth, and income inequality is then studied in
Section 5. The last section concludes.

2. THE MODEL

There is a continuum of firms with unit mass, indexed by j ∈ [0, 1], all producing
a homogeneous final good. Firm j ’s production function takes the Cobb–Douglas
form,

Qj = F(LjK,Kj ) = (Kj )
α(LjK)1−α, 0 < α < 1, (1)

where Qj, Kj , and Lj are the output, capital input, and effective labor input,
respectively. The effective labor embodies both hours worked and workers’ skill.
The average stock of capital, K , represents the economywide stock of knowledge.
Symmetry among firms implies an aggregate production function that is linear
in K: Q = F(LK,K) ≡ f (L)K = L1−αK. Profit maximization by each firm
yields the equilibrium wage and rental rate:

w(L)K = (1 − α)L−αK, r(L) = αL1−α. (2)

Here the wage rate is written as w(L)K.

There is a continuum of households with unit mass, indexed by i ∈ [0, 1]. Money
is introduced by imposing a cash-in-advance (CIA) constraint on consumption
purchase,

ci = mi, (3)

where ci is household i’s consumption, and mi is the real balance, with the initial
stock being mi0 > 0. Assuming zero depreciation, the evolution of household i’s
capital stock is governed by

K̇i = Ii, (4)

where Ii is the gross investment flow. The initial capital stock is Ki0 > 0. House-
holds are endowed with the same amount of time (normalized to one) but differ with
respect to skill endowment. We use Ai to represent household i’s time-invariant
exogenous skill level.4

Define ki as household i’s capital share, ki ≡ Ki/K , and ai as its skill share,
ai ≡ Ai/A, where K ≡ ∫

Ki and A ≡ ∫
Ai are the aggregate (or mean) capital
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stock and skill level, respectively. The capital share ki has a distribution with mean
1. Denote its variance by σ 2

k . Similarly, the distribution of ai has unit mean. Denote
its variance by σ 2

a . For simplicity we assume that ki and ai are uncorrelated; that
is, their covariance σk,a = 0.

At every point in time, the household works hi hours, rents out capital Ki to
firms, receives real lump-sum transfer τi from the government, and invests in
physical capital and real balance. Thus the budget constraint is

ci + Ii + ṁi = rKi + (wK)(Aihi) + τi − πmi, (5)

where π is the inflation rate.
Let β be the time discount rate and let li be the leisure time enjoyed by household

i. Thus hi ≡ 1 − li . The household solves the problem

max
∫ ∞

0

1

γ

(
ci l

η

i

)γ
e−βt dt, η > 0, γ < 0, (6)

subject to (3)–(5).
Let µi and λi be the Lagrangian multipliers associated with (4) and (5) in the

current-value Hamiltonian. The first-order conditions are

li : ηm
γ

i l
ηγ−1
i = λiwKAi, (7)

mi : λ̇i − βλi = −[
m

γ−1
i l

ηγ

i − λi(1 + π)
]
, (8)

Ki : µ̇i − βµi = −λir, (9)

Ii : µi = λi. (10)

Transversality conditions are limt→∞ µiKie
−βt = 0 and limt→∞ λimie

−βt = 0.

Define l ≡ ∫
Aili as the aggregate “effective leisure,” and L ≡ ∫

Aihi as the
aggregate effective labor. Then labor market clearing requires

∫
Lj = L = A − l.

The capital and goods market clearing conditions are
∫

Kj = K and
∫
(ci + Ii) =

Q ≡ ∫
Qj, respectively. Finally, the real money supply follows

ṁ

m
= θ − π, (11)

where θ is the growth rate of the nominal money stock. For simplicity, we assume
that the rate of real transfer is proportional to individual real balance; i.e., τi = θmi,

i ∈ [0, 1].

3. THE BALANCED-GROWTH EQUILIBRIUM

Equations (7)–(10) yield

(γ − 1)
ṁi

mi

+ ηγ
l̇i

li
= π̇ + r ′(L)L̇

1 + π + r(L)
+ β − r(L), (12)
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γ
ṁi

mi

+ (ηγ − 1)
l̇i

li
= β − r(L) + w′(L)L

w(L)

L̇

L
+ K̇

K
, (13)

implying that the growth rate of real balance holdings (and hence consumption)
does not depend on i, nor does the growth rate of leisure:

ċi

ci

= ċ

c
= ṁi

mi

= ṁ

m
,

l̇i

li
= l̇

l
. (14)

Dividing both sides of the household budget constraint (5) by Ki and using
τi = θmi , we obtain the growth rate for the individual capital stock,

ψi ≡ K̇i

Ki

= r (L) + w (L)
K

Ki

Ai

(
hi − 1 − hi

η

1

1 + π + r (L)

)
. (15)

Aggregating over all households yields

ψ ≡ K̇

K
= �iψiKi

K
= r (L) + w (L)

(
L − A − L

η

1

1 + π + r (L)

)
. (16)

Using (16), we can rewrite (12) and (13) as

L̇ =
γ (θ − π) − β − w

(
L − A−L

η
1

1+π+r

)
[(ηγ − 1) / (A − L) − α/L]

, (17)

π̇ = [(γ − 1) (θ − π) − β + r] (1 + π + r) −
[
r ′ + ηγ

1 + π + r

A − L

]
L̇. (18)

LEMMA 1. There exists a unique balanced growth path, along which L̇ = 0,

π̇ = 0, and k̇i = 0, for all i.

Proof. Some algebraic work shows that, evaluated at the steady state, the Ja-
cobian matrix associated with (17) and (18) has positive determinant and positive
trace; hence both eigenvalues are positive. Therefore there exists a unique perfect
foresight equilibrium path leading to the steady state. The steady state L∗ is given
by g(L∗) = 0, where

g(L) ≡ γ r(L) − β

1 − γ
− w(L)

(
L − A − L

ηω

)
= 0

and

ω ≡ 1 + π + r (L) = 1 + θ + β − γ r (L)

1 − γ
. (19)

L∗ is unique because limL→0 g(L) = +∞, limL→A g(L) < 0, and g′(L) < 0. To
understand the evolution of ki, note that

k̇i =
(

K̇i

Ki

− K̇

K

)
ki = w (L)

[
Ai

(
hi − 1 − hi

ηω

)
−

(
L − A − L

ηω

)
ki

]
, (20)
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which is linear in ki . The aggregate transversality condition, limt→∞ λKe−βt = 0,

requires that λ̇/λ + K̇/K + [d(e−βt )/dt]/e−βt < 0, or r(L) > ψ (the rate of
return on capital must exceed the growth rate in the equilibrium). This implies that

L <
A

1 + ηω
.

The coefficient of ki in (20) is thus positive. Recall that ki is the capital share,
which cannot exceed 1; we must have k̇i = 0, or ψi = ψ, i ∈ [0, 1].

Note that the constancy of L thus implies that li and hi are also constant for
all i. Equations (12) and (13) imply that m grows at the same rate as K; that
is, ψ = θ − π, and ψ = [r(L) − β]/(1 − γ ). In summary, along the balanced
growth path L,π, li, hi, and ki, i ∈ [0, 1], are all constant, and

ṁi

mi

= ṁ

m
= ċi

ci

= ċ

c
= K̇i

Ki

= K̇

K
= ψ = r (L) − β

1 − γ
. (21)

4. RELATIVE LABOR SUPPLY AND INCOME INEQUALITY

From ψi = ψ we derive household i’s effective labor supply:

Aihi =
(

L − A

1 + ηω

)
ki + A

1 + ηω
ai.

Clearly Aihi is increasing in ai while decreasing in ki. Define ni ≡ Aihi/L as
household i’s labor supply share, which also has a unit mean. Rearranging the
above equation yields the relative labor supply function:

ni − 1 =
(

1 − A/L

1 + ηω

)
(ki − 1) + A/L

1 + ηω
(ai − 1) . (22)

Equation (22) implies that, other things being equal, wealthier households that
have a higher capital share ki tend to supply a smaller amount of effective labor,
whereas more skilled households that have a higher skill share ai tend to supply
more effective labor. The negative effect of capital shares is a standard wealth effect
and is emphasized by Garcı́a-Peñalosa and Turnovsky. The additional positive
effect on relative labor supply, which is missing in their model, comes from the
skill heterogeneity. This opposite implication for the relative labor supply results
from the fact that skill (human capital), unlike physical capital, is nonseparable
from workers.

The individual income Yi consists of capital income and labor income: Yi =
rKi + (wK)(Aihi). Thus the income share of household i is

yi ≡ Yi

Y
= rKi + wKAihi

rK + wKL
. (23)
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Clearly yi has mean one. Denote its variance by σ 2
y . The dispersion of this income

share, σ 2
y , is our measure of income inequality.

LEMMA 2. The relative income share of household i is a convex combination
of its relative capital share and relative skill share,

yi − 1 = (1 − ρ) (ki − 1) + ρ (ai − 1) , (24)

where

ρ = (1 − α)
A/L

1 + ηω
> 0,

and ρ < 1 when the growth rate is positive.

Proof. The expression of ρ is derived using (22) and (23). Obviously ρ > 0.
Positive growth rate implies that ρ < 1.5

5. INFLATION, GROWTH, AND INCOME INEQUALITY

Now we examine the relationship among inflation, growth, and income inequality
when the economy is subject to changes in long-run money growth.

PROPOSITION 1. An increase in θ increases the inflation rate and reduces the
aggregate growth rate unambiguously.

Proof. Totally differentiating g(L)= 0 gives

dL

dθ
= (A − L)/ω

γ − (1 −α)

1 − γ
ηω − α A

L
− (1 − α) + γα(1 − α)

1 − γ
L−α(A − L)/ω

< 0.

From equation (21) and ψ = θ − π , we obtain dψ/dθ = [α(1 − α)/

(1 − γ )]L−αdL/dθ < 0 and dπ/dθ = 1 − dψ/dθ > 0.

Some discussion is in order. The higher inflation caused by an increase in θ leads
households to economize on real balances and substitute away from consumption
toward leisure time, which is a credit good. As a result, aggregate labor supply
goes down. The lowered labor supply reduces the rate of return to capital, which
in turn reduces growth. The reduced growth then causes the inflation rate to rise
by more than the money growth rate.

Next we study the effect on income inequality of changes in θ .

PROPOSITION 2.
(i) If capital heterogeneity dominates skill heterogeneity in the sense that σ 2

a <

[(1 − ρ)/ρ]σ 2
k , then an increase in θ reduces income inequality.

(ii) If skill heterogeneity dominates capital heterogeneity in the sense that σ 2
a >

[(1 − ρ)/ρ]σ 2
k , then an increase in θ enlarges income inequality.

(iii) If the two types of heterogeneity cancel out in the sense that σ 2
a = [(1 − ρ)/ρ]σ 2

k ,

then θ is neutral for income inequality.
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Proof. With σk,a = 0, equation (24) implies

σ 2
y = (1 − ρ)2 σ 2

k + ρ2σ 2
a . (25)

And dσ 2
y /dθ = −2(1 − ρ)(dρ/dθ)σ 2

k + 2ρ(dρ/dθ)σ 2
a . Because dω/dθ = 1 −

[γα(1 − α)/(1 − γ )]L−αdL/dθ < 0,

dρ

dθ
= A (1 − α)

(1 + ηω)2 L

[
− 1

L
(1 + ηω) + η

dω

dθ

]
> 0.

Given that σ 2
k is fixed along the balanced growth path, the result follows.

Proposition 2 says that when income inequality is decomposed into inequality
caused by capital heterogeneity and inequality caused by skill heterogeneity [see
equation (25)], a higher money growth rate reduces the contribution of σ 2

k , whereas
it raises the contribution of σ 2

a . Thus the overall effect depends on the relative size
of the two types of heterogeneity. Alternatively, we can examine this effect by
considering inequality of different income sources. Denote the variance of ni by
σ 2

n . Observe that from (23), we have

σ 2
y = α2σ 2

k + (1 − α)2 σ 2
n + 2α (1 − α) σk,n. (26)

That is, the overall income inequality consists of capital income inequality, labor
income inequality, and the covariance between the two income components. The
relative labor supply function gives6

σ 2
n =

(
1 − ρ

1 − α

)2

σ 2
k +

(
ρ

1 − α

)2

σ 2
a ,

σk,n =
(

1 − ρ

1 − α

)
σ 2

k < 0.

We have the following observations. (i) An increase in θ does not affect capital
income inequality, α2σ 2

k . (ii) Because dρ/dθ > 0 and ρ > 1 − α (see footnote
5), a higher θ increases the contribution of both σ 2

k and σ 2
a to labor income

inequality, σ 2
n . (iii) A higher θ makes capital and labor income more negatively

related. Thus, the total effect of θ on σ 2
y is thereby determined by the two opposite

forces specified in (ii) and (iii). When there is only capital heterogeneity, labor
income becomes more unequally distributed as θ increases. But this is always
dominated by the enlarged negative covariance. As a result, a higher θ reduces
income inequality unambiguously. With the additional skill heterogeneity, labor
income will become even more unequally distributed. Therefore, as long as skill
heterogeneity is large enough, the increase in labor income inequality can offset
the more negative income covariance, leading to a more unequally distributed
income as θ goes up.

We now present the relationship among inflation, growth, and income inequality
in the following proposition.
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PROPOSITION 3.
(i) Changes in the long-run money growth generate a negative inflation–growth rela-

tionship unambiguously.
(ii) When σ 2

a > [(1 − ρ)/ρ]σ 2
k , we obtain a positive inflation–inequality relationship

and a negative growth–inequality relationship.
(iii) When σ 2

a < [(1 − ρ)/ρ]σ 2
k , we obtain a negative inflation–inequality relationship

and a positive growth–inequality relationship.

Proof. This immediately follows from Proposition 1 and 2.

6. CONCLUSIONS

In this paper we develop a monetary endogenous growth model to analyze the
relationship among inflation, growth, and income inequality. In the absence of
skill heterogeneity, the model predicts that lower income inequality is associated
with higher inflation, which runs counter to the evidence. Introducing skill het-
erogeneity has the potential to reverse the inflation–inequality relationship to be
in line with the evidence.

Furthermore, the long-run growth–inequality relationship traced out by varia-
tions in money growth also depends on which type of heterogeneity dominates.
This same insight carries over to other sorts of fundamental changes, such as
variations in total factor productivity, labor supply elasticity, and the rate of time
preference. The ambiguity concerning the empirical evidence on the growth–
inequality relationship is therefore not surprising in light of our analysis. Our
results suggest that, to obtain a definitive relationship between growth and in-
equality, one has to condition their relationship on an appropriate variable, such as
the relative importance of capital and skill heterogeneity emphasized in our study.

NOTES

1. Fischer (1991) reports that the slow-growth countries have an average inflation rate slightly
above 30%, whereas the fast-growth countries average only 12% inflation.

2. This threshold level has been found through testing to be at 1% inflation rate for industrialized
countries and at 11% for developing countries [Khan and Senhadji (2001)].

3. Note that confining attention to this type of heterogeneity causes no problem in Garcı́a-Penalosa
and Turnovsky because their real model is not concerned with inflation and its relationship with growth
and inequality.

4. For a treatment of endogenous accumulation of skills, see Jin (2007). It is shown that the main
insights in the exogenous-skill setup are largely retained.

5. We can actually show that 1 − α < ρ < (1 − α)(A/L)/(1 − α + ηω) < 1.

6. σk,n is negative because households with higher capital shares tend to supply smaller amounts
of effective labor.
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